Abstract: Electrical discharge machining (EDM) is a modern technology that is widely used in the production of difficult to cut conductive materials. The basic problem of EDM is the stochastic nature of electrical discharges. The optimal selection of machining parameters to achieve micron surface roughness and the recast layer with the maximal possible value of the material removal rate (MRR) is quite challenging. In this paper, we performed an analytical and experimental investigation of the influence of the EDM parameters: Surface integrity and MRR. Response surface methodology (RSM) was used to build empirical models on the influence of the discharge current I, pulse time t on, and the time interval t off , on the surface roughness (Sa), the thickness of the white layer (WL), and the MRR, during the machining of tool steel 55NiCrMoV7. The surface and subsurface integrity were evaluated using an optical microscope and a scanning profilometer. Analysis of variance (ANOVA) was used to establish the statistical significance parameters. The calculated contribution indicated that the discharge current had the most influence (over the 50%) on the Sa, WL, and MRR, followed by the discharge time. The multi-response optimization was carried out using the desirability function for the three cases of EDM: Finishing, semi-finishing, and roughing. The confirmation test showed that maximal errors between the predicted and the obtained values did not exceed 6%.
Introduction
Electrical discharge machining is a precision method of manufacturing hard, complex shaped, conductive materials. The removal mechanism of the material in EDM is the result of the electrical discharge, which causes melting and evaporation in the local surface layers of both the workpiece and the working electrode. Owing to the impact of the thermal and chemical processes, the electrical discharge properties of the surface layer of the material are changed [1] [2] [3] . Craters form a specific surface texture. Surface roughness parameters directly depend on the discharge current and the time pulse [4] . Heat flux changes the surface integrity. Metallographic images of the machined samples of tool steel show new layers, i.e., the external melting layer (white layer), the heat-affected zones, and the tempered layer. The white layer is non-homogeneous and discontinuous and may vary in thickness on the analyzed sample. Discontinuity of the melted layer is caused by the random occurrence of electrical discharge and the machining conditions. This layer is characterized by high variations in thickness and microstructure defects of the material, such as micro-cracks. Microcracks are an undesirable effect, resulting in reduced fatigue resistance and corrosion resistance. It is important to choose the appropriate parameters and processing conditions to obtain the smallest The published literature indicates that few studies have reported on the optimization of the EDM, which considers the surface 3D roughness parameter, white layer thickness, and the MRR in the three stages of machining: roughing, semi-finishing, and finishing, with the desirable function. Therefore, in this paper, a multi-response optimization of the EDM of tool steel 55NiCrMoV7 was conducted. This material has a wide range of industry applications on die matrices, matrix inserts, and hydraulic and mechanical press dies. The surface roughness was investigated using the 3D roughness parameter. The parameter, Sa, gives more information about the surface properties. In electrical discharge machining, the surface roughness is obtained by overlapping the craters of individual discharges. EDM with parameters corresponding to the roughing and semi-finishing operations results in surfaces which have different profiles on the cross-sections of samples. The calculated Ra parameters on the profile cross-sections may provide inaccurate results.
The optimization of parameters was performed using the desirable function. Optimization of electrical discharge machining was divided into three cases: finishing, semi-finishing, and roughing. In each case, different goals were set. For finishing, the goal was to minimize the surface roughness (Sa) simultaneously whilst minimizing the thickness of the white layer (WL), with a possible maximized MRR. In the case of semi-finishing, the EDM goal was to obtain a specific value of the MRR whilst possibly minimizing the roughness (Sa), simultaneously minimizing the thickness of the white layer (WL). In the last case of roughing, the goal was to maximize the material removal rate with the possibility of minimizing the roughness (Sa) and the thickness of the white layer (WL).
The topic of the article focuses on describing the changes occurring in the material as a result of the local thermal processes due to electric discharges. Experimental studies allowed for a better understanding of the relationship between the changes in surface integrity of tool steel 55NiCrMoV7 and how to optimize the process to achieve a micron roughness and recast layer, with the possibility of achieving the maximal value of the material removal rate.
Materials and Methods
Industry applications of electrical discharge machining are limited by the obtained specific surface integrity and low material removal rate. The purpose of the research was to develop the multi-response optimization of the EDM process of the tool steel 55NiCrMoV7 for three cases: finishing, semi-finishing, and roughing. Tool steel 55NiCrMoV7 was chosen because of its wide industry applications on die matrices, matrix inserts, and hydraulic and mechanical press dies. This material is characterized by high dimensional stability and crack resistance, with dynamically changing pressures and rapid heating and cooling during operation. Heat-treated samples of the tool steel (55 HRC) had the dimensions of 12 mm × 12 mm × 3 mm. Experimental studies were conducted on the electrical discharge machine, Charmilles Form 2LC ZNC (GF Solutions, Geneva, Switzerland). The electrode used was graphite (EDM-3 POCO), and the EDM fluid 108 MP-SE 60 was used as the dielectric. The present paper was focused on the selection of optimal parameters for EDM, which led to minimum surface roughness, as well as the thickness of the white layer and maximum productivity.
The main object of the study was the optimization of the EDM process using statistical models on the influence of EDM parameters on surface roughness (Sa), the thickness of the white layer, and the material removal rate. To achieve this goal, experimental research was carried out using a completely orthogonal design of the experiment, three-level three parameters full factorial design. Choice of this type of experiment design allowed the reduction in the number of experimental runs required to generate sufficient information for a statistically adequate result. A schematic diagram of the experimental set-up is shown in Figure 1 . Investigation of the surface roughness parameters after the EDM was carried out on a Taylor-Hobson FORM TALYSURF Series 2 scan profilometer (Taylor Hobson, Leicester, United Kingdom). The roughness parameter (Sa), the arithmetic mean of the deviations from the mean, was measured on a surface area of 2 mm × 4 mm with a discretization step (10 µm) in the X-axis and Y-axis. The Sa (average value of the absolute heights over the entire surface) parameter responded to the 2D roughness profile parameters Ra. This may be obtained by adding the individual height values, without regard to sign, and dividing the sum by the number of the data matrix, where M is the number of points per profile, N is the number of profiles, and z, x, y are the heights of the profile at a specific point.
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Analyses of surface integrity
Measuring the surface roughness (Sa) Analyses of surface layer-measuring the white layer thickness Taylor Metallographic surface structure studies were performed using a Nikon Eclipse LV 150 optical microscope (Nikon, Tokyo, Japan), coupled to an NIS-Elements BR 3.0 image analyzer (Nikon). Specimens were included in the resin, and were then machined with grinding and polishing. Micro-etching was performed with nital (5%) to reveal the microstructure of the material. The maximum thickness of the white layer in sections was measured for each sample.
Uncertainty Evaluation Procedure
To verify the quality of the measurements, an uncertainty evaluation was carried out. The measurements were carried out inside a metrological laboratory with a 20 • C ± 0.5 • C controlled temperature. The thermal deformation of the samples was neglected. The surface topography measurements were carried out using a Taylor-Hobson FORM TALYSURF Series 2 scan profilometer (Taylor Hobson, Leicester, United Kingdom). The raw surface acquisitions were post-processed with the dedicated image metrology software TalyMap (Taylor Hobson, Leicester, United Kingdom). The calibration of the scanning profilometer was performed with a calibrated roughness artifact (nominal value: Ra = 810 nm). According to Reference [54] , it is possible to establish uncertainties for surface roughness Sa measurements following ISO 15530-3 [55] .
The uncertainties for surface roughness measurements when using the induction scanning profilometer U PROF was calculated according to the following equation:
where u cal is the standard calibration uncertainty of the roughness standard; u p is the standard uncertainty related to the measurement procedure and is calculated as a standard deviation of ten repeated measurements on the calibrated standard; and u res,PROF is the resolution standard uncertainty related to the declared 3 nm vertical resolution of the scanning profilometer for measuring range 0.2 mm. The expanded uncertainty of the surface roughness Sa measurement was calculated as follows:
where k is the coverage factor, equal to 2 for a 95% confidence interval, u Sa,EDM is calculated using the standard deviation of repeated Sa measurements on the electrical discharge machining sample. Table 1 presents the uncertainty budget. The measurements of the thickness of the white layer were carried out using a Nikon Eclipse LV 150 optical microscope, coupled to an NIS-Elements BR 3.0 image analyzer (Nikon). The uncertainty was calculated using the above method. The calibrated slide with 10 µm division was selected as the calibrated artifact.
The uncertainties for the thickness of the white layer when using optical microscope U OM was calculated according to the following equation:
where u cal is the standard calibration uncertainty of the calibration slide, u p is the standard uncertainty related to the measurement procedure and is calculated as the standard deviation of ten repeated measurements on the calibrated slide; and u res,OM is the resolution standard uncertainty related to the objective magnification (50x). The expanded uncertainty of the thickness of the white layer measurement was calculated as follows:
where k is the coverage factor, equal to 2 for a 95% confidence interval. Table 2 presents the uncertainty budget. The material removal rate (MRR) was calculated based on the volume of material removed from the workpiece divided by the machining time:
where m 1 is the sample weight before processing, m 2 is the sample weight after processing, ρ is specific material density, ∆t is a time of manufacturing. Each sample was weighed before manufacturing on a precision electronic balance (Radwag, Radom, Poland). The samples after the EDM process were cleansed with the compressed air and then weighed again. The measurement uncertainties for the weight measurements were calculated according to the following equation:
where u m1 is the standard uncertainty related to the measurement procedure and is calculated as the standard deviation of the ten repeated measurements of the sample, u res, is the resolution uncertainty related to the declared resolution of the balance with a readability 0.01 mg for the measuring samples of a maximum capacity 50 g, u i is the uncertainty related to a balance indication error, and u ie is the uncertainty on a determining indication error. The expanded uncertainty of the weight measurement was calculated as follows:
where k is the coverage factor, equal to 2 for a 95% confidence interval. Table 3 reports the uncertainty budget. The complexity of the physical phenomena of the EDM process and its conditions caused considerable difficulties in describing and identifying the impact of individual machining parameters on the surface roughness, integrity, and the MRR. In the first stage of the conducted research, the measurement circuit was developed to determine the current-voltage characteristics of the generator machines. A primary test was conducted to investigate a range of stability discharges for different values of the discharge current, pulse time, and time interval. The measurement of the current and voltage waveforms in the EDM process conditions was done using a National Instruments NI5133 oscilloscope card (National Instruments, Austin, TX, USA). An application was developed in the LabView environment, which enabled the control of the work of the oscilloscope card. The current measurement was done using the indirect method as the voltage drop on the non-inductive current sensor. The maximum value of the voltage drop for the set current values did not exceed 3V, so the signal was fed directly to the oscilloscope card. The measurement of the voltage during the electric discharge was done with the Tektronix probe (Tektronix UK Ltd., Berkshire, UK). The sampling rate was 100 MS/s, 2-Channel registration. Analyses of the obtained data were performed in DIAdem (National Instruments).
Exemplary current and voltage waveforms registered for the investigated EDM are shown in Figure 2 . The workpiece was machined at the moment when the supply voltage Uz dropped to the discharge voltage Uc, with the increase of the discharge current I, during the pulse t on . Then, during the t off interval, the conditions in the gap stabilized, and the process was cyclically repeated. signal was fed directly to the oscilloscope card. The measurement of the voltage during the electric discharge was done with the Tektronix probe (Tektronix UK Ltd., Berkshire, UK). The sampling rate was 100 MS/s, 2-Channel registration. Analyses of the obtained data were performed in DIAdem (National Instruments). Exemplary current and voltage waveforms registered for the investigated EDM are shown in Figure 2 . The workpiece was machined at the moment when the supply voltage Uz dropped to the discharge voltage Uc, with the increase of the discharge current I, during the pulse ton. Then, during the toff interval, the conditions in the gap stabilized, and the process was cyclically repeated. the energy has been built up for discharge, • Uc = discharge voltage, • ton = pulse time, the time required for the current to rise and fall during discharging, • toff = time interval, this is the time from the end of one pulse to the beginning of the next pulse with the current. Analysis of the obtained voltage and current waveforms showed that at the highest adjustable currents, pulse duration, and minimum values of the break times, in most cases, arc discharges or short circuits occurred. For short time intervals, toff, the plasma channel may not be completely deionized, which increases the probability of another discharge being in the same place. Furthermore, the ineffective removal of the products of erosion from the gap causes a reduction in the dielectric resistance and destabilization of the conditions. There is a high probability of a short circuit. The machine's control system resists the phenomena described above by increasing the gap (temporarily raising the electrode), whilst at the same time extending the break time ( Figure 3 ). The following parameters can characterize the voltage-current waveforms ( Figure 2 ):
• I = the height of the peak current during discharging, • Uz = open circuit voltage, this is the system voltage when the EDM circuit is in the open state, and the energy has been built up for discharge, • Uc = discharge voltage, • t on = pulse time, the time required for the current to rise and fall during discharging, • t off = time interval, this is the time from the end of one pulse to the beginning of the next pulse with the current.
Analysis of the obtained voltage and current waveforms showed that at the highest adjustable currents, pulse duration, and minimum values of the break times, in most cases, arc discharges or short circuits occurred. For short time intervals, t off , the plasma channel may not be completely deionized, which increases the probability of another discharge being in the same place. Furthermore, the ineffective removal of the products of erosion from the gap causes a reduction in the dielectric resistance and destabilization of the conditions. There is a high probability of a short circuit. The machine's control system resists the phenomena described above by increasing the gap (temporarily raising the electrode), whilst at the same time extending the break time ( Figure 3) .
The proper operation of the generator control system ensures the energy repeatability of discharges. Therefore, the presented disturbances will not have a significant impact on the quality of the treated surfaces. Nevertheless, unfavorably selected ranges of the set parameters will significantly affect the efficiency of the process [56] . The following are examples of stable U(t), I(t) waveforms, which enabled the selection of the range of variability of parameters used in the experimental research ( Figure 4) . short circuits occurred. For short time intervals, toff, the plasma channel may not be completely deionized, which increases the probability of another discharge being in the same place. Furthermore, the ineffective removal of the products of erosion from the gap causes a reduction in the dielectric resistance and destabilization of the conditions. There is a high probability of a short circuit. The machine's control system resists the phenomena described above by increasing the gap (temporarily raising the electrode), whilst at the same time extending the break time (Figure 3) . The proper operation of the generator control system ensures the energy repeatability of discharges. Therefore, the presented disturbances will not have a significant impact on the quality of the treated surfaces. Nevertheless, unfavorably selected ranges of the set parameters will significantly affect the efficiency of the process [56] . The following are examples of stable U(t), I(t) waveforms, which enabled the selection of the range of variability of parameters used in the experimental research ( Figure 4 ). Analysis of the recorded voltage and current waveforms enabled the selection of stable parameters in the EDM process for roughing, semi-finishing, and finishing machining. Experimental studies were conducted using the orthogonal full factorial design DOE (design of experiments) methodology: Orthogonal full factorial design. Preliminary experiments were conducted to obtain the stable discharges in all ranges of the design matrix. After analysis of the results, the following machining conditions were selected: discharge current in the range I = 3-14 A, pulse time in the range ton = 10-400 μs, and time interval toff = 10-150 μs, with the following constants :open voltage U0 = 225 V, discharge voltage Uc = 25 V. Table 4 shows the levels of machining parameters carried out in the experimental design. 
Results and Discussion

Analysis of Surface Integrity
The primary factor that affected the properties of the machined parts was the surface texture. Experimental investigations showed that parameters such as surface roughness (Sa), directly depended on the applied machining parameters. Surface topography after EDM was the result of the overlapping of craters from single discharges and it had an isotropic structure ( Figure 5 ). Analysis of the recorded voltage and current waveforms enabled the selection of stable parameters in the EDM process for roughing, semi-finishing, and finishing machining. Experimental studies were conducted using the orthogonal full factorial design DOE (design of experiments) methodology: Orthogonal full factorial design. Preliminary experiments were conducted to obtain the stable discharges in all ranges of the design matrix. After analysis of the results, the following machining conditions were selected: discharge current in the range I = 3-14 A, pulse time in the range t on = 10-400 µs, and time interval t off = 10-150 µs, with the following constants :open voltage U 0 = 225 V, discharge voltage Uc = 25 V. Table 4 shows the levels of machining parameters carried out in the experimental design. 
Results and Discussion
Analysis of Surface Integrity
The primary factor that affected the properties of the machined parts was the surface texture. Experimental investigations showed that parameters such as surface roughness (Sa), directly depended on the applied machining parameters. Surface topography after EDM was the result of the overlapping of craters from single discharges and it had an isotropic structure ( Figure 5 ). Owing to rapid local thermal processes during electrical discharge machining, phase changes occurred on the surface layer of the workpiece. The analysis of images of the metallographic structure of tool steel 55NiCrMoV7 showed the occurrence of three characteristic sublayers for the whole range of the investigated machining parameters ( Figure 6 ). An external molten layer (commonly referred to as a white layer), was formed by melting and rapidly solidifying a thin layer of metal not removed from the surface of the crater during an electric discharge. The white layer in its structure may have chemical decompositions from both the core material and the working electrode. The heat-affected zone (HAZ), which is located directly under the melted layer (visible as a light structure), was characterized by an increased hardness around the core material. The last observed layer was the tempered layer, which was visible as a dark streak immediately below the heat-affected zone layer. The thickness of each observed layer depended on the investigated EDM parameters. The white layer, unlike the heat-affected zone and the tempered layer, was characterized by local discontinuities and thickness changes ( Figure 7) . The industrial application of the results of the conducted experiments requires information on the largest thickness of the white layer. This information allows for the correct selection of machining allowances for semifinishing and finishing manufacturing. Owing to rapid local thermal processes during electrical discharge machining, phase changes occurred on the surface layer of the workpiece. The analysis of images of the metallographic structure of tool steel 55NiCrMoV7 showed the occurrence of three characteristic sublayers for the whole range of the investigated machining parameters ( Figure 6 ). Owing to rapid local thermal processes during electrical discharge machining, phase changes occurred on the surface layer of the workpiece. The analysis of images of the metallographic structure of tool steel 55NiCrMoV7 showed the occurrence of three characteristic sublayers for the whole range of the investigated machining parameters ( Figure 6 ). An external molten layer (commonly referred to as a white layer), was formed by melting and rapidly solidifying a thin layer of metal not removed from the surface of the crater during an electric discharge. The white layer in its structure may have chemical decompositions from both the core material and the working electrode. The heat-affected zone (HAZ), which is located directly under the melted layer (visible as a light structure), was characterized by an increased hardness around the core material. The last observed layer was the tempered layer, which was visible as a dark streak immediately below the heat-affected zone layer. The thickness of each observed layer depended on the investigated EDM parameters. The white layer, unlike the heat-affected zone and the tempered layer, was characterized by local discontinuities and thickness changes ( Figure 7) . The industrial application of the results of the conducted experiments requires information on the largest thickness of the white layer. This information allows for the correct selection of machining allowances for semifinishing and finishing manufacturing. White layer
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Core material Figure 6 . The metallographic structure of tool steel 55NiCrMoV7 after (EDM).
An external molten layer (commonly referred to as a white layer), was formed by melting and rapidly solidifying a thin layer of metal not removed from the surface of the crater during an electric discharge. The white layer in its structure may have chemical decompositions from both the core material and the working electrode. The heat-affected zone (HAZ), which is located directly under the melted layer (visible as a light structure), was characterized by an increased hardness around the core material. The last observed layer was the tempered layer, which was visible as a dark streak immediately below the heat-affected zone layer. The thickness of each observed layer depended on the investigated EDM parameters. The white layer, unlike the heat-affected zone and the tempered layer, was characterized by local discontinuities and thickness changes ( Figure 7) . The industrial application of the results of the conducted experiments requires information on the largest thickness of the white layer. This information allows for the correct selection of machining allowances for semi-finishing and finishing manufacturing. Electrical discharges caused the local melting and evaporation of material. The thermal processes of removing material and the rapid re-solidification of the molten metal which was not removed from the discharge crater generated thermal stress. Exceeding the maximum tensile strength of the material caused the generation of micro-cracks. Micro-cracks are an undesirable effect, resulting in reduced fatigue resistance and corrosion resistance. In most cases, micro-cracks propagate to the end of the white layer ( Figure 8) . In rare cases, the propagation of a crack has been observed to penetrate the core of the material. Micro-cracks can be observed directly on the machining surface ( Figure 9 ). Electrical discharges caused the local melting and evaporation of material. The thermal processes of removing material and the rapid re-solidification of the molten metal which was not removed from the discharge crater generated thermal stress. Exceeding the maximum tensile strength of the material caused the generation of micro-cracks. Micro-cracks are an undesirable effect, resulting in reduced fatigue resistance and corrosion resistance. In most cases, micro-cracks propagate to the end of the white layer ( Figure 8) . In rare cases, the propagation of a crack has been observed to penetrate the core of the material. Micro-cracks can be observed directly on the machining surface ( Figure 9 ). Electrical discharges caused the local melting and evaporation of material. The thermal processes of removing material and the rapid re-solidification of the molten metal which was not removed from the discharge crater generated thermal stress. Exceeding the maximum tensile strength of the material caused the generation of micro-cracks. Micro-cracks are an undesirable effect, resulting in reduced fatigue resistance and corrosion resistance. In most cases, micro-cracks propagate to the end of the white layer ( Figure 8) . In rare cases, the propagation of a crack has been observed to penetrate the core of the material. Micro-cracks can be observed directly on the machining surface ( Figure 9 ). Figure 9 . the structure of the surface after EMD: Uc = 25 V, I = 14 A, ton = 400 μs, toff = 150 μs.
Response Surface Methodology
Experimental investigation of the influence of the EDM parameters on the surface roughness (Sa), the thickness of the white layer, and the MRR was carried out using response surface methodology. In RSM, the dependence between the desired response and the independent variables can be represented by the following:
where Y is the response; f is the response function; ε is the experimental error. I the discharge current, ton (μs) the pulse time, and toff (μs) the time interval are independent parameters. In the study, the polynomial regression model was chosen to fit the response function to the experimental results. The experimental investigation was carried out based on the full factor orthogonal experiment design: three-level three-parameter. The study of the influence of the input factors on three equidistant levels of variation allows for the determination of regression equations with a high degree of correlation and a small spread of values. According to the full factor orthogonal design plan, twenty-eight samples, with one additional replication in the center point, were manufactured and measured. Based on the experimental data, an empirical model of the influence of the discharge current I, pulse time ton, and time interval toff was built. The results of the experimental studies are presented in Table 5 . The surface roughness (Sa) was in the range of 1.88 μm to 12.7 μm. The maximal thickness of the white layer was in the range of 5.5 μm to 33.5 μm. The material removal rate was in the range 0.1 mm 3 /min to 29.19 mm 3 /min. The obtained value of roughness (Sa), the maximal thickness of the white layer, and the MRR corresponded to the finishing and roughing machining.
Analysis of variance (ANOVA) was used to check the significance of each independent variable in the response function. The ANOVA test was conducted at a 5% significant level. The F-value corresponded to a continuous probability distribution. If this probability (Prob > f) value for each factor was less than 0.05, this indicated that the model factor was significant (i.e., at a 95% confidence level). Values of Prob > f higher than 0.05 indicated that a model factor was non-significant.
Micro cracks
Micro cracks Figure 9 . The structure of the surface after EMD: Uc = 25 V, I = 14 A, t on = 400 µs, t off = 150 µs.
Response Surface Methodology
where Y is the response; f is the response function; ε is the experimental error. I the discharge current, t on (µs) the pulse time, and t off (µs) the time interval are independent parameters. In the study, the polynomial regression model was chosen to fit the response function to the experimental results. The experimental investigation was carried out based on the full factor orthogonal experiment design: three-level three-parameter. The study of the influence of the input factors on three equidistant levels of variation allows for the determination of regression equations with a high degree of correlation and a small spread of values. According to the full factor orthogonal design plan, twenty-eight samples, with one additional replication in the center point, were manufactured and measured. Based on the experimental data, an empirical model of the influence of the discharge current I, pulse time t on , and time interval t off was built. The results of the experimental studies are presented in Table 5 . The surface roughness (Sa) was in the range of 1.88 µm to 12.7 µm. The maximal thickness of the white layer was in the range of 5.5 µm to 33.5 µm. The material removal rate was in the range 0.1 mm 3 /min to 29.19 mm 3 /min. The obtained value of roughness (Sa), the maximal thickness of the white layer, and the MRR corresponded to the finishing and roughing machining.
Analysis of variance (ANOVA) was used to check the significance of each independent variable in the response function. The ANOVA test was conducted at a 5% significant level. The F-value corresponded to a continuous probability distribution. If this probability (Prob > f ) value for each factor was less than 0.05, this indicated that the model factor was significant (i.e., at a 95% confidence level). Values of Prob > f higher than 0.05 indicated that a model factor was non-significant. The ANOVA results for the Sa, white layer thickness, and the MRR are shown in Tables 6-8 , respectively. Table 6 shows the ANOVA results for surface roughness (Sa). The calculated contribution indicated that the discharge current had the most influence on the surface roughness (Sa) (57.6%). Second, the affecting variable was pulse time (15.7%) and the interaction of the discharge current with pulse time (14.5%). Other variables and their interactions had a significant influence on the surface roughness (Sa), but each of the contributions did not exceed 5%. The ANOVA results presented in Table 7 indicated that the most significant influence on the maximal thickness of the white layer was the discharge current (47.5%), followed by the pulse time (27.8%) and the squared pulse time (9.2%). The contribution of other variables on the Wl was significant but less important. Table 8 presents the ANOVA results for the MRR. The calculated contributions indicated that the discharge current (55.9%) had the most influence on the MRR, followed by the interaction of the discharge current with the pulse time (12.7%) and also the pulse time (11.6%). Other variables and their interactions were significant, but their contributions were smaller and contained in the range (1.6%-5.6%). From the presented ANOVA Tables 6-8, calculated Fisher coefficients for the models Sa, WL, and MRR were 150.95, 141.26, and 208.65, respectively. The results implied that all the developed models were significant at a 95% confidence level. Regression analysis with a backward elimination process was performed. For each equation, we calculated the coefficient of determination, R-squared, and the adjusted coefficient of determination, R-Adj. The coefficients represented the percentage of variance explained by the model. When the value of the R-sqr and R-Adj approaches unity, a more accurate fit of the regression equation to the research results would be obtained.
After eliminating the non-significant factors in the response equations for the surface roughness (Sa), maximal white layer thickness (WL), and MRR, this was described by the following polynomial function: 
Analyses of the results of the MRR showed that the values of the R-squared for surface roughness (Sa), the maximal thickness of the white layer, and the MRR were over 98%, 99%, and 99%, respectively. This result indicated that the regression models provided an excellent explanation of the relationship between the independent variables and the response Sa, WL, and MRR. Differences between the R-squared and the R-adjustable were smaller than 0.2, which indicated that the established model was adequate in representing the process. The developed models can be used to predict the values of surface roughness (Sa), the maximal value of white layer thickness (WL), and the material removal rate (MRR). Comparisons between the results of experimental studies and the values calculated based on the developed models for Sa, WL, and MRR are shown in Figure 10 . The results indicated that the predicted values were very close to the experimental data. value of the R-sqr and R-Adj approaches unity, a more accurate fit of the regression equation to the research results would be obtained. After eliminating the non-significant factors in the response equations for the surface roughness (Sa), maximal white layer thickness (WL), and MRR, this was described by the following polynomial function: 
Analyses of the results of the MRR showed that the values of the R-squared for surface roughness (Sa), the maximal thickness of the white layer, and the MRR were over 98%, 99%, and 99%, respectively. This result indicated that the regression models provided an excellent explanation of the relationship between the independent variables and the response Sa, WL, and MRR. Differences between the R-squared and the R-adjustable were smaller than 0.2, which indicated that the established model was adequate in representing the process. The developed models can be used to predict the values of surface roughness (Sa), the maximal value of white layer thickness (WL), and the material removal rate (MRR). Comparisons between the results of experimental studies and the values calculated based on the developed models for Sa, WL, and MRR are shown in Figure 10 . The results indicated that the predicted values were very close to the experimental data. Developed models for the Sa, WL, and MRR were checked using additional statistical tests, which confirmed the basic assumptions using the ANOVA. Residuals had a normal distribution, constant variance, and were independent of an order of data. The assumption of constant variance was checked by plotting the residuals versus the predicted values. The normality assumption and independence of residuals were checked by plotting the expected normal value versus the residuals and the residuals versus the order of data, respectively. Analysis of the residual normal probability plots (Figures 11a, 12a, and 13a) showed that the residuals had normal distributions. Plots of the residuals versus the predicted values (Figures 11b, 12b, and 13b) ; and the residuals versus the case number values (Figures 11c, 12c, and 13c) showed that the residuals had a stochastic nature. The analysis of the plotted residuals versus the case values indicated that the error terms were Developed models for the Sa, WL, and MRR were checked using additional statistical tests, which confirmed the basic assumptions using the ANOVA. Residuals had a normal distribution, constant variance, and were independent of an order of data. The assumption of constant variance was checked by plotting the residuals versus the predicted values. The normality assumption and independence of residuals were checked by plotting the expected normal value versus the residuals and the residuals versus the order of data, respectively. Analysis of the residual normal probability plots (Figures 11a, 12a and 13a) showed that the residuals had normal distributions. Plots of the residuals versus the predicted values (Figures 11b, 12b and 13b) ; and the residuals versus the case number values (Figures 11c, 12c and 13c) showed that the residuals had a stochastic nature. The analysis of the plotted residuals versus the case values indicated that the error terms were independent of one another. The analyses of the residuals confirmed that the developed models were adequate. To better understand the influence of the EDM parameters on surface roughness (Sa), the maximal thickness of white layer, and the material removal rate, the response surface plots were estimated. Based on the regression models (Equations 10-12), the influence of the discharge current I, pulse time ton, and time interval toff on the Sa, WL, and MRR is shown in Figures 14-16 , respectively. To better understand the influence of the EDM parameters on surface roughness (Sa), the maximal thickness of white layer, and the material removal rate, the response surface plots were estimated. Based on the regression models (Equations 10-12), the influence of the discharge current I, pulse time ton, and time interval toff on the Sa, WL, and MRR is shown in Figures 14-16 , respectively. To better understand the influence of the EDM parameters on surface roughness (Sa), the maximal thickness of white layer, and the material removal rate, the response surface plots were estimated. Based on the regression models (Equations 10-12), the influence of the discharge current I, pulse time ton, and time interval toff on the Sa, WL, and MRR is shown in Figures 14-16 , respectively. To better understand the influence of the EDM parameters on surface roughness (Sa), the maximal thickness of white layer, and the material removal rate, the response surface plots were estimated. Based on the regression models (Equations (10)- (12)), the influence of the discharge current I, pulse time t on , and time interval t off on the Sa, WL, and MRR is shown in Figures 14-16 , respectively. The results of the experimental studies indicated that the main parameters that influenced surface roughness (Sa), were the discharge current and the pulse time ( Figure 14) . Time interval, in the case of stability discharges, does not have a significant impact on the surface texture properties. The surface roughness (Sa) increases with the growth of the discharge current and the pulse time. These two parameters, with constant voltage, determine the amount of energy of the electrical discharge. At the lowest value of the discharge current, the changing of the pulse time does not generate a crater with greater depth. The surface roughness (Sa) does not change significantly. With The results of the experimental studies indicated that the main parameters that influenced surface roughness (Sa), were the discharge current and the pulse time ( Figure 14) . Time interval, in the case of stability discharges, does not have a significant impact on the surface texture properties. The surface roughness (Sa) increases with the growth of the discharge current and the pulse time. These two parameters, with constant voltage, determine the amount of energy of the electrical discharge. At the lowest value of the discharge current, the changing of the pulse time does not generate a crater with greater depth. The surface roughness (Sa) does not change significantly. With The results of the experimental studies indicated that the main parameters that influenced surface roughness (Sa), were the discharge current and the pulse time ( Figure 14) . Time interval, in the case of stability discharges, does not have a significant impact on the surface texture properties. The surface roughness (Sa) increases with the growth of the discharge current and the pulse time. These two parameters, with constant voltage, determine the amount of energy of the electrical discharge. At the lowest value of the discharge current, the changing of the pulse time does not generate a crater with greater depth. The surface roughness (Sa) does not change significantly. With The results of the experimental studies indicated that the main parameters that influenced surface roughness (Sa), were the discharge current and the pulse time ( Figure 14) . Time interval, in the case of stability discharges, does not have a significant impact on the surface texture properties. The surface roughness (Sa) increases with the growth of the discharge current and the pulse time. These two parameters, with constant voltage, determine the amount of energy of the electrical discharge. At the lowest value of the discharge current, the changing of the pulse time does not generate a crater with greater depth. The surface roughness (Sa) does not change significantly. With the increase of the discharge current, the amount of energy delivered to the workpiece causes the melting and evaporation of a higher volume of material, which generates a crater with a larger depth. The presented dependence also has effects on the material removal rate. The MRR, similar to surface roughness, is influenced by the volume of material which is removed in single discharges, and it mainly depends on the discharge current ( Figure 16 ). The time interval is responsible for the stabilization of the conditions in the gap after discharges. In a stable EDM process, increases of the time interval result in the decrease of the material removal rate. Discharge energy devoted to the heat flux, the mechanism of growing the plasma channel, and the removal process of the material implies the thickness of the white layer. Figure 15 shows the estimated response surface plot for the white layer thickness in relation to the EDM parameters. The increase in the pulse time and current resulted in an increase in the amount of melted and evaporated material from the discharge zone. However, more material which was melted in the single crater was not removed from the surface of the workpiece and it re-solidified on the core.
In the industrial application of the developed models, splitting the electrical discharge machining into several steps should be considered. In the first stage, the material will be removed from the workpiece using the highest discharge energy (roughing technology). In the roughing step, the applied parameters should ensure the maximum removal rate. In the next step, the parameters of the process should be changed to achieve proper surface layer properties and a low roughness for the machined surface of the manufactured parts. The EDM process will be conducted with the semi-finishing and finishing step, with respectively lower discharge energies. In the last step-the finishing treatment-it is vital to obtain the appropriate surface roughness and thickness of the white layer. However, the finishing can take more time than the roughing. The result is that a significant increase in the cost of production may be observed. In the finishing machining, a combination of minimum surface roughness with the minimum value of white layer thickness, and with a possibly maximum MRR is desirable. In the case of EDM, the simultaneous achievement of these three goals is conflicting. For that reason, in considering the properties of the EDM optimization, it should be based on the desirability technique. This method uses the Derringer's [57] desirability function, which in the case of the same importance of each response can be described by the equation:
where n is the number of responses in the measure. The desired function is established for each investigated response, d i (ŷ i ), and it has a range from zero to one (one being the most desirable). Different desirable functions can be built, depending on the adopted optimization criteria which determine the desirable value, maximal (upper-U i ) or minimal (lower-L i ). If the response for the investigated parameter should be minimized, then d i (ŷ i ) can be calculated according to the following equation:
If the desirable function should be maximized, then it can be expressed by the following equation:
Calculations of the desirable function consider the extent to which the estimated values (ŷ i ) are close to the minimum or maximum. Figure 17 presents a graphical interpretation of the desirability functions with the "importance" levels s and t. When considering the case when the "importance" t (for minimum) and s (for maximum) is large, the desirability is low unless the response moves close to the target. For low-value parameters, t and s desirability has a high value for a wide range of responses. It means that it is possible to achieve satisfactory desirability not only in the target value (minimum L i or maximum U i ).
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(a) (b) Figure 17 . The desirability functions for the target value: (a) maximized; (b) minimized criteria.
The multi-response optimization was divided into three cases. In the first case, we examined the optimal parameters of the finishing EDM. For this task, the goal was defined as minimizing the surface roughness and white layer thickness, whilst maximizing the maximum material removal rate. The second case was to find the optimal parameters for semi-finishing EDM. In this task, we aimed to achieve an average value of the MRR (about 14.5 mm 3 /min), with the possibility of minimizing the surface roughness and white layer thickness. In the last case, the optimal parameters for roughing EDM were considered. In this task, the goal of optimization was to achieve the maximum MRR possible, with the possibility of minimizing the surface roughness and white layer thickness. These three cases of the optimization of electrical discharge machining were carried out using the desirability function, based on the regression Equations (10)- (12) . It should be maintained that the success of the optimization with the desirability function mainly depends on the quality of the regressions models. In this study, each established model had a coefficient of determination, Rsquared, that was over 98%, and the differences between the R-squared and the R-adjustable were smaller than 0.2, which indicated that the models were adequate in representing the process. For each EDM parameter (discharge current, pulse time, time interval) there was a simultaneous analysis of every combination of the factors for each of the nine responses (Figure 14-16) . A multi-response optimization procedure was performed for the global desirability function. The ranges for the constraints and factors for optimization are shown in Table 9 . The multi-response optimization was divided into three cases. In the first case, we examined the optimal parameters of the finishing EDM. For this task, the goal was defined as minimizing the surface roughness and white layer thickness, whilst maximizing the maximum material removal rate. The second case was to find the optimal parameters for semi-finishing EDM. In this task, we aimed to achieve an average value of the MRR (about 14.5 mm 3 /min), with the possibility of minimizing the surface roughness and white layer thickness. In the last case, the optimal parameters for roughing EDM were considered. In this task, the goal of optimization was to achieve the maximum MRR possible, with the possibility of minimizing the surface roughness and white layer thickness. These three cases of the optimization of electrical discharge machining were carried out using the desirability function, based on the regression Equations (10)- (12) . It should be maintained that the success of the optimization with the desirability function mainly depends on the quality of the regressions models. In this study, each established model had a coefficient of determination, R-squared, that was over 98%, and the differences between the R-squared and the R-adjustable were smaller than 0.2, which indicated that the models were adequate in representing the process. For each EDM parameter (discharge current, pulse time, time interval) there was a simultaneous analysis of every combination of the factors for each of the nine responses (Figures 14-16) . A multi-response optimization procedure was performed for the global desirability function. The ranges for the constraints and factors for optimization are shown in Table 9 . The results of the multi-response optimization procedure of the global desirability function for the finishing, semi-finishing, and roughing operations are shown in the contour plots in Figures 18-21 , and in Table 10 . The desirable function in the first case (finishing EDM) reached 0.95 ( Figure 19 ). The semi-finishing and roughing operations reached 0.98 and 0.99, respectively. The optimal EDM parameters for finishing electrical discharge machining were a discharge current I = 3 A, pulse time t on = 176 µs, and pulse interval t off = 10 µs. The predicted surface roughness (1.7 µm) and the white layer thickness (6 µm) after optimization were close to the results obtained in the experimental studies for sample number four. Nevertheless, the material removal rate grew almost seven times and reached an MRR = 1.1 mm 3 /min. The increase of the MRR was achieved, along with the minimization of the surface roughness and the white layer thickness, which has a significant effect on productivity. The results of the multi-response optimization procedure of the global desirability function for the finishing, semi-finishing, and roughing operations are shown in the contour plots in Figures 18-21 , and in Table 10 . The desirable function in the first case (finishing EDM) reached 0.95 ( Figure 19 ). The semi-finishing and roughing operations reached 0.98 and 0.99, respectively. The optimal EDM parameters for finishing electrical discharge machining were a discharge current I = 3 A, pulse time ton = 176 μs, and pulse interval toff = 10 μs. The predicted surface roughness (1.7 μm) and the white layer thickness (6 μm) after optimization were close to the results obtained in the experimental studies for sample number four. Nevertheless, the material removal rate grew almost seven times and reached an MRR = 1.1 mm 3 /min. The increase of the MRR was achieved, along with the minimization of the surface roughness and the white layer thickness, which has a significant effect on productivity.
(a) (b) (c) Figure 18 . The contour plots of the desirability function for the finishing EDM optimization. Figure 20 and Table 10 present the results of the optimization for semi-finishing EDM. Values of the optimal EDM parameters were as follows: discharge current I = 14 A, pulse time ton = 52 μs, and pulse interval toff = 24 μs. In this case, if the material removal rate reached 14.5 mm 3 /min (i.e., the The results of the multi-response optimization procedure of the global desirability function for the finishing, semi-finishing, and roughing operations are shown in the contour plots in Figures 18-21 , and in Table 10 . The desirable function in the first case (finishing EDM) reached 0.95 ( Figure 19 ). The semi-finishing and roughing operations reached 0.98 and 0.99, respectively. The optimal EDM parameters for finishing electrical discharge machining were a discharge current I = 3 A, pulse time ton = 176 μs, and pulse interval toff = 10 μs. The predicted surface roughness (1.7 μm) and the white layer thickness (6 μm) after optimization were close to the results obtained in the experimental studies for sample number four. Nevertheless, the material removal rate grew almost seven times and reached an MRR = 1.1 mm 3 /min. The increase of the MRR was achieved, along with the minimization of the surface roughness and the white layer thickness, which has a significant effect on productivity.
(a) (b) (c) Figure 18 . The contour plots of the desirability function for the finishing EDM optimization. Figure 20 and Table 10 present the results of the optimization for semi-finishing EDM. Values of the optimal EDM parameters were as follows: discharge current I = 14 A, pulse time ton = 52 μs, and pulse interval toff = 24 μs. In this case, if the material removal rate reached 14.5 mm 3 /min (i.e., the Table 10 present the results of the optimization for semi-finishing EDM. Values of the optimal EDM parameters were as follows: discharge current I = 14 A, pulse time t on = 52 µs, and pulse interval t off = 24 µs. In this case, if the material removal rate reached 14.5 mm 3 /min (i.e., the average value of the MRR from experimental studies), the optimized surface roughness and the white layer thickness were as follows: Sa = 5.2 µm and WL = 15 µm. Figure 21 and Table 10 present the results of the optimization for roughing EDM. Values of the optimal EDM parameters as follows: I = 14 A, t on = 361 µs, and t off = 24 µs. The optimized material removal rate, surface roughness, and white layer thickness were as follows: MRR = 29.2 mm 3 /min, Sa = 12.1 µm, WL = 28.8 µm.
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(a) (b) (c) Figure 20 . The contour plots of the desirability function for semi-finishing EDM optimization.
(a) (b) (c) Figure 21 . The contour plots of the desirability function for roughing EDM optimization.
In the last stage of the experimental investigations for the optimal EDM parameters, a confirmation test was conducted on the EDM machine Charmilles Form 2LC ZNC (Bern, Switzerland). Table 10 presents the results of the validations of multi-response optimizations. The maximal errors between the predicted and the obtained values were 6%, which could be considered a very good result. The calculated measurement uncertainty (at 95% confidence) of the Sa and MRR is much lower than the measurement uncertainty of the thickness of the white layer. Moreover, prediction errors are in the range of maximal measurement uncertainty. average value of the MRR from experimental studies), the optimized surface roughness and the white layer thickness were as follows: Sa = 5.2 μm and WL = 15 μm. Figure 21 and Table 10 present the results of the optimization for roughing EDM. Values of the optimal EDM parameters as follows: I = 14 A, ton = 361 μs, and toff = 24 μs. The optimized material removal rate, surface roughness, and white layer thickness were as follows: MRR = 29.2 mm 3 /min, Sa = 12.1 μm, WL = 28.8 μm.
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